Making use of a linear operator , which is defined here by means of the Hadamard product (or convolution), we introduce some new subclasses of multivalent functions and investigate various inclusion properties of these subclasses. Some radius problems are also discussed. 
Introduction and Definitions
and   k  is the Pochhammer symbol defined, in terms of the Gamma function, by
The operator
is an extension of the CarlsonShaffer operator (see [2] 
, ; > ; ;
where is a function with bounded variation on such that 
It is known [7] that the class
We also note that
By using the linear operator , we now define some subclasses of 
We note that g is starlike univalent in when
where
In this manuscript, we investigate several inclusion and other properties of functions in the classes 
Main Results
In order to establish our results, we require the following lemmas.
Lemma 1: [6] 
and .
 
If is analytic in , with , such that
Lemma 2: [12] If is analytic in with , and if
where 1
 is given by 
We begin by proving the following.
and
satisfies the condition (16) and
where   h z is analytic in with    0 = 1 h and we write
A simple computation using (23) and (24) gives 
Now we form the functional by choosing
The conditions 1) and 2) of Lemma 1 are clearly satisfied. Therefore, we show that the condition 3) of Lemma 1 is satisfied.
By virtue of (25), we have
where  is given by (22). Thus, for
Since , and by (21), we get . Hence, by applying Lemma 1, it follows that which implies that . The proof of Theorem 1 is thus completed.
k Remark: If we put and = a n p  = =1
c  in Theorem 1, we have the result due to Noor and Arif [9, Theorem 3.1].
Theorem 2: Let 0
, where
satisfies the condition (18) and
where is analytic in with . Then, by using same techniques as in the proof of Theorem 1, we obtain the desired result.
Proof. It is clear that, for 1
. 1,  is a convex set (see [7] ), by using Theorem 1 and Definition 1, we observe that   Next, by using Lemma 2, we prove the following. 
